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Learning objectives of the course

Fundamental insight into multicore computing

Algorithms for multicore computing

Analyzing multicore algorithms

Concurrent datastructures

Multicore programming
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Multiprocessors

A multiprocessor circumvents these problems
by combining multiple CPUs in one computer system.

Parallelism doubles every two years !

Multicore programming is challenging:

I At a small scale: e.g., processors within one chip
must coordinate access to shared memory.

I At a large scale: e.g., processors in a supercomputer
must coordinate routing of data.

5 / 530



Symmetric multiprocessing architecture

caches

bus

shared memory

processors

OpenMP is an API for programming in C, C++ and Fortran
on such architectures.
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Non-uniform memory access architecture

MPI is a specification of an API for programming on such architectures.
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Threads are asynchronous

Concurrent components are asynchronous.

Threads may be delayed or even halted without warning;
delays are unpredictable, and vary greatly.
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Sequential computation

memory

object object

thread
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Concurrent computation

memory

object object

threads
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Asynchrony

Sudden unpredictable delays:

I cache miss (short)

I page fault (long)

I scheduling quantum used up (really long)

I crashed (indefinite)
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Model summary

I multiple processors

I single shared memory

I objects live in memory

I multiple threads, which run on a processor

I threads can have unpredictable, asynchronous delays

Jargon:

I hardware: processors

I software: threads
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Road map

We will first focus on principles of multiprocessor programming,
then on “practice”.

I We start with idealized models.

I We look at simplistic, fundamental problems.

I Correctness is emphasized over pragmatism.

We need to understand the principles before we can discuss practice.
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Safety and liveness properties

Safety property: Something “bad” will never happen.

For example, mutual exclusion (e.g. at no moment in time
more than one process has write access to some variable).

Liveness property: Something “good” will eventually happen.

For example:

I deadlock-free (e.g. if a pet wants to enter the yard,
one of the pets eventually succeeds)

I starvation-free (e.g. if a pet wants to enter the yard,
it eventually succeeds)
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Progress properties

Blocking

Deadlock-free: Some thread trying to get the lock eventually succeeds.

Starvation-free: Every thread trying to get the lock eventually succeeds.

Non-blocking

Lock-free: Some thread calling the method eventually returns.

Wait-free: Every thread calling the method eventually returns.

Lock- and wait-free disallow blocking methods like locks.

They guarantee that the system can cope with crash-failures.

Picking a progress property for a given application depends on
its needs and what is feasible. We will look at all four properties.
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Events

A thread exhibits a sequence of events a0, a1, a2, . . .
(e.g., assign to a variable, invoke a method, return from a method).

Events are instantaneous, and never simultaneous
(break ties between concurrent threads).

The next definitions are for one execution of the entire system.

a ! b denotes that a happens before b; this is a total order.

Let a ! b on the same thread: (a, b) denotes the time interval
between these events.

We write (a, b) ! (a0, b0) if b ! a0; this is a partial order.
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Mutual exclusion

A critical section is a block of code that should be executed by
at most one thread at a time.

Let CS and CS 0 be time intervals in which two di↵erent threads
execute their critical section.

Mutual exclusion: for each such pair, either CS ! CS 0 or CS 0 ! CS .
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Locks in Java

public interface Lock {
public void lock(); acquire lock

public void unlock(); release lock

}

lock.lock();

try {
critical section

} finally {
lock.unlock();

}

Even if an exception is thrown in the critical section, the finally
part will be executed, so that the lock is released properly.
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Locks and memory management in Java

When a thread acquires a lock, it invalidates its working memory,
to ensure that fields are reread from shared memory.

When a thread releases a lock, modified fields in its working memory
are written back to shared memory.
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Deadlock- and starvation-free locks

Assumption: No thread holds the lock forever.

Deadlock-free: Suppose some thread calls lock()
but never acquires the lock.

Then other threads must be completing
an infinite number of critical sections.

Starvation-free: If some thread calls lock(),
then it will eventually acquire the lock.
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Correctness of methods for sequential objects

An object has a state (values of variables) and a set of methods.

I if (precondition)

I the object is in such-and-such a state
I before the method is called

I then (postcondition)

I the method call will return a particular value
I or throw a particular exception

I and (postcondition, continued)

I the object will be in some other state
I when the method call returns

63 / 530



Pre- and postconditions: example

Consider a dequeue method on a FIFO queue.

precondition: queue is nonempty

postcondition: returns first item in queue

postcondition: removes first item from queue

precondition: queue is empty

postcondition: throws EmptyException

postcondition: queue remains unchanged
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Why sequential objects totally rock

An object state is meaningful between method calls.

Intermediate states of the object while a method call is in progress
can be ignored.

Interactions among methods depend only on side-e↵ects
on the object state.

Each method can be considered in isolation.

New methods can be added without changing the description
of old methods.
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Welcome to the jungle of concurrent objects

Method calls on concurrent threads can overlap (in time).

As a result, an object may never be between method calls.

All possible interactions between method calls must be taken
into account.

What does it mean for a concurrent object to be correct ?
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Linearizability

We order the method calls in an execution, by associating them to
a moment in time when they are active.

That is: an execution on a concurrent object is linearizable
if each method call in the execution:

I appears to take e↵ect instantaneously,

I at a moment in time between its invocation and return events,

I in line with the system specification.

An object is linearizable if all its possible executions are linearizable.
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Linearizability: example 1

q.deq()  x

time

LINEARIZABLE

q.deq()  yq.enq(x)

q.enq(y)

Since x is enqueued before y (in the FIFO queue),
it should also be dequeued before y.
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Linearizability: example 2

q.enq(x) q.deq()  y

q.enq(y)

time

q.deq()  x

LINEARIZABLE
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Linearizability: example 2

q.enq(x) q.deq()  y

q.enq(y)

time

q.deq()  x

LINEARIZABLE
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Linearizability: example 3

q.enq(y) q.deq()  x

q.enq(x) q.deq()  y

time

NOT LINEARIZABLE
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Wait-free bounded FIFO queue for two threads

As an example, consider a concurrent bounded FIFO queue,
with an enqueue (q.enq(x)) and a dequeue (q.deq()) method.

Interactions between these methods can be avoided by protecting
the queue using a lock.

But this results in an ine�cient implementation (recall Amdahl’s law).

The next slide shows an implementation of a FIFO queue
without locks for two threads: An enqueuer and a dequeuer.

It is wait-free: The enqueuer and dequeuer can progress by themself.
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Wait-free bounded FIFO queue for two threads

class WaitFreeQueuehTi {
volatile int head, tail;

T[] items;

public WaitFreeQueue(int capacity) {
items = T[] new Object[capacity];

head = 0; tail = 0;

}
public void enq(T x) throws FullException {
if tail - head == items.length throw new FullException();

items[tail % items.length] = x; tail++;

}
public T deq() throws EmptyException {
if tail == head throw new EmptyException();

T y = items[head % items.length]; head++;

return y;

}
}
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Wait-free bounded FIFO queue: correctness

Intuitively, this algorithm is correct for the following reasons:

I Only the enqueuer writes to tail and items[...],
and only the dequeuer writes to head.

I The condition if tail - head == items.length

stops the enqueuer from overwriting an element in the queue
before the dequeuer has read it.

Here it is used that head is volatile, and the dequeuer only
increases head after it read items[head % items.length].

I The condition if tail == head

stops the dequeuer from reading an element in the queue
before the enqueuer has placed it in the queue.

Here it is used that tail is volatile, and the enqueuer only
increases tail after it wrote to items[tail % items.length].
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Question

Why don’t we need to declare the slots in the items array volatile ?

Answer: Reading or writing to a volatile variable (here head or tail)
imposes a memory barrier in which the entire cache is flushed/invalidated.
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Wait-free bounded FIFO queue is linearizable

Linearization point of enq() is if tail - head == items.length.

(If this condition is false, the enqueued item can only be dequeued
after tail++.)

Linearization point of deq() is if tail == head.

(If this condition is false, the dequeued item can only be overwritten
after head++.)

So any execution of the wait-free bounded FIFO queue is linearizable.
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Flawed bounded FIFO queue

In the dequeuer, let us swap the order of two program statements:
head++; T item = items[(head - 1) % capacity];

Let the capacity be 1.

Suppose the enqueuer performs the methods enq(a) and enq(b),
and the dequeuer performs the method deq().

The following execution isn’t linearizable:

enq: tail - head == 0 enq: tail - head == 0

enq: items[0] = a enq: items[0] = b

enq: tail = 1 deq: y = b

deq: tail - head == 1 deq: return b

deq: head = 1
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Sequential consistency

For multiprocessor memory architectures,
linearizability is often considered too strict.

An execution on a concurrent object is sequentially consistent
if each method call in the execution:

I appears to take e↵ect instantaneously,

I in program order on each thread,

I in line with the system specification.

An object is sequentially consistent if all its possible executions
are sequentially consistent.

Sequentially consistent is less restrictive than linearizability,
because it allows method calls to take e↵ect after they returned.
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Sequential consistency: example 1

q.enq(x) q.deq()  y

time

q.enq(y) q.deq()  x

SEQUENTIALLY  CONSISTENT !
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Sequential consistency: example 1

time

q.enq(y) q.deq()  x

SEQUENTIALLY  CONSISTENT !

q.enq(x) q.deq()  y
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Sequential consistency: example 2

q.enq(y)q.enq(x)

q.deq()  x

time

q.deq()  y

NOT  SEQUENTIALLY  CONSISTENT
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Compositionality

Linearizability is compositional:
the composition of linearizable objects is again linearizable.

By contrast, sequential consistency isn’t compositional.

q.enq(x)p.enq(x) p.deq()  y

q.enq(y) p.enq(y) q.deq()  x

time

The executions for objects p and q are by themselves
sequentially consistent, but their composition isn’t.

83 / 530



Out-of-order execution

Most hardware architectures don’t support sequential consistency,
as it would outlaw widely used compiler optimizations.

Since memory access is very slow compared to processor speed,
processors read/write to a cache, instead of directly to memory.

Processors can execute thousands of instructions,
while writes in the cache are lazily written back to memory.

This makes sense because the vast majority of reads/writes
isn’t for synchronization.

Reads/writes for synchronization should be announced explicitly.

This comes with a performance penalty.
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We stick to linearizability

Which correctness requirement is right for a given application ?

This depends on the needs of the application.

I A printer server can allow jobs to be reordered.

I A banking server better be sequentially consistent.

I A stock-trading server requires linearizability.

We will stick to linearizability, as it is well-suited for high-level objects.
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Objects manage their locks

Objects better manage their own locks (instead of the threads).

Else threads should be reprogrammed at, or programmed to cope with,
changes in datastructures.

Example: Suppose a thread holds the lock of a bounded FIFO queue,
and wants to enqueue an item while the queue is full.

Should the method call be blocked, continue, or throw an exception?

This decision may depend on the internal state of the queue,
which is inaccessible to the caller.
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Monitors

In Java, a monitor is associated with an object.

It combines data, methods and synchronization in one modular package.

Always at most one thread may be executing a method of the monitor.

A monitor provides mechanisms for threads to:

I temporarily give up exclusive access, until some condition is met,

I or signal to other threads that such a condition may hold.
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Conditions

While a thread is waiting, say for a queue to become nonempty,
the lock on this queue should be released.

Else other threads would never be able to dequeue an item.

In Java, a Condition object associated with a lock allows a thread
to release the lock temporarily, by calling the await() method.

A thread can be awakened:

I by another thread (that performs signal() or signalAll()),

I or because some condition becomes true.
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Conditions

An awakened thread must:

I try to reclaim the lock;

I when this has happened, retest the property it is waiting for;

I if the property doesn’t hold, release the lock by calling await().

wrong: if “boolean expression” condition.await()

correct: while “boolean expression” condition.await()

The thread may be woken up if another thread calls
condition.signal() (which wakes up one thread) or
condition.signalAll() (which wakes up all threads).
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Bounded FIFO queue with locks and conditions: enqueue

final Condition notFull = lock.newCondition();

final Condition notEmpty = lock.newCondition();

public void enq(T x) {
lock.lock();

try {
while count == items.length

notFull.await();

items[tail] = x;

if ++tail == items.length

tail = 0;

++count;

notEmpty.signal();

} finally {
lock.unlock();

}
}
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Bounded FIFO queue with locks and conditions: dequeue

public T deq() {
lock.lock();

try {
while count == 0

notEmpty.await();

T y = items[head];

if ++head == items.length

head = 0;

--count;

notFull.signal();

return y;

} finally {
lock.unlock();

}
}
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Lost-wakeup problem

Condition objects are vulnerable to lost wakeups: A thread may wait
forever without realizing the condition it is waiting for has become true.

Example: In enq(), let notEmpty.signal() only be performed
if the queue turns from empty to nonempty:

if ++count == 1 { notEmpty.signal(); }

A lost wakeup can occur if multiple dequeuers are waiting;
only one dequeuer is woken up.

Programming practices to avoid lost wakeups:

I Signal all threads waiting for a condition (not just one).

I Specify a timeout for waiting threads.
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Relaxing mutual exclusion

The strict mutual exclusion property of locks is often relaxed.

Three examples are:

I Readers-writers lock: Allows concurrent readers,
while a writer disallows concurrent readers and writers.

I Reentrant lock: Allows a thread to acquire the same lock
multiple times, to avoid deadlock.

I Semaphore: Allows at most c concurrent threads
in their critical section, for some given capacity c .
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Readers-writers lock: reader lock

class ReadLock implements Lock {
public void lock() {

lock.lock();

try {
while writer

condition.await();

readers++;

} finally {
lock.unlock();

}
}
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Readers-writers lock: reader lock

public void unlock() {
lock.lock();

try {
readers--;

if readers == 0

condition.signalAll();

} finally {
lock.unlock();

}
}

}
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Readers-writers lock: writer lock

class WriteLock implements Lock {
public void lock() {

lock.lock();

try {
while (writer || readers > 0)

condition.await();

writer = true;

} finally {
lock.unlock();

}
}
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Readers-writers lock: writer lock

public void unlock() {
lock.lock();

try {
writer = false;

condition.signalAll();

} finally {
lock.unlock();

}
}

}

The unlock method needs to grab the lock: A thread can only signal
or start to await a condition if it owns the corresponding lock.

226 / 530



Readers-writers lock: writer lock

Question: What is the drawback of this writer lock ?

Answer: A writer can be delayed indefinitely by a continuous stream
of readers.

Question: How can this be resolved ?

Answer: Allow one writer to set writer = true if writer == false.

Then other threads can’t start to read.
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Readers-writers lock: writer lock

class WriteLock implements Lock {
public void lock() {

lock.lock();

try {
while writer

condition.await();

writer = true;

while readers > 0

condition.await();

} finally {
lock.unlock();

}
}

The unlock method is as before.
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Reentrant lock

class SimpleReentrantLock implements Lock {
public void lock() {

int me = ThreadID.get();

lock.lock();

try {
if owner == me

{ holdCount++; return; }
while holdCount != 0

condition.await();

owner = me;

holdCount = 1;

} finally {
lock.unlock();

}
}
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Reentrant lock

public void unlock() {
lock.lock();

try {
holdCount--;

if holdCount == 0

condition.signalAll();

} finally {
lock.unlock();

}
}

}
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Semaphore

public void acquire() {
lock.lock();

try {
while state == capacity

condition.await();

state++;

} finally {
lock.unlock();

}
}
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Semaphore

public void release() {
lock.lock();

try {
state--;

condition.signalAll();

} finally {
lock.unlock();

}
}

(Actually, signal() may be preferable here.)
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Semaphores in Java

In Java, Semaphore(int n) creates a semaphore of capacity n.

acquire(int k) acquires k permits from the semaphore,
blocking until all are available.

release(int k) releases k permits to the semaphore.
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Synchronized methods in Java

While a thread is executing a synchronized method on an object,
other threads that invoke a synchronized method on this object block.

A synchronized method acquires the intrinsic lock of the object
on which it is invoked, and releases the lock when it returns.

A synchronized method imposes a memory barrier:

I At the start, the cache is invalidated.

I At completion, modified fields in working memory are
written back to shared memory.
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Synchronized methods

Synchronized methods are reentrant.

Monitors are provided for synchronized methods:

I wait() causes a thread to wait until another thread notifies it
of a condition change;

I notify() wakes up one waiting thread;

I notifyAll() wakes up all waiting threads.
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Synchronized methods: drawbacks

Synchronized methods

1. aren’t starvation-free

2. are rather coarse-grained

3. can give a false feeling of security

4. may use other locks than one might expect
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Synchronization approaches

Coarse-grained synchronization, in which each method call locks
the entire object, can become a sequential bottleneck.

Four synchronization approaches for concurrent access to an object:

I Fine-grained: Split the object in components with their own locks.

I Optimistic: Search without locks for a certain component, lock it,
check if it didn’t change during the search, and only then adapt it.

I Lazy: Search without locks for a certain component, lock it,
check if it isn’t marked, mark it if needed, and only then adapt it.

I Non-blocking: Avoid locks, by read-modify-write operations.
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List-based sets

We will show the four techniques on a running example: sets.

Consider a linked list in which each node has three fields:

I the actual item of interest

I the key, being the item’s (unique) hash code

I next contains a reference to the next node in the list

There are sentinel nodes head and tail.

Nodes in the list are sorted in key order.

head and tail carry the smallest and largest key, respectively.

An implementation of sets based on lists (instead of e.g. trees)
will of course never have a very good performance...
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List-based sets: methods

We define three methods:

I add(x): Add x to the set;
return true only if x wasn’t in the set.

I remove(x): Remove x from the set;
return true only if x was in the set.

I contains(x): Return true only if x is in the set.

These methods should be linearizable such that they act
as on a sequential set (on a uniprocessor).

An abstraction map maps each linked list to the set of items
that reside in a node reachable from head.
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Coarse-grained synchronization

With coarse-grained locking, these methods lock the entire list.

The methods search without contention whether x is in the list.

min ca max null
add(x)

hash(x)=b
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Coarse-grained synchronization

With coarse-grained locking, these methods lock the entire list.

The methods search without contention whether x is in the list.

add(x)
min c max nulla

b

hash(x)=b
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Coarse-grained synchronization

With coarse-grained locking, these methods lock the entire list.

The methods search without contention whether x is in the list.

add(x)
min c max nulla

b

hash(x)=b

min ba c max null
hash(y)=c

remove(y)
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Coarse-grained synchronization

With coarse-grained locking, these methods lock the entire list.

The methods search without contention whether x is in the list.

add(x)
min c max nulla

b

hash(x)=b

min ba c max null
hash(y)=c

remove(y)
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Fine-grained synchronization

Let each node carry its own lock.

add(x) and remove(x) require locks in ascending key order,
until they find x or conclude it isn’t present.

Threads acquire locks in a hand-over-hand fashion.

Example: A search for c.

min ba c max null
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Fine-grained synchronization

Let each node carry its own lock.

add(x) and remove(x) require locks in ascending key order,
until they find x or conclude it isn’t present.

Threads acquire locks in a hand-over-hand fashion.

Example: A search for c.
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Fine-grained synchronization: remove

remove(x) continues until:

I either it locks a node with key hash(x);

then it removes this node by redirecting the link of
the predecessor to the successor of this node, and returns true.

I or it locks a node with a key greater than hash(x);

then it concludes that x isn’t in the list, and returns false.

Example: We apply remove(x) with hash(x)=b to the list below.

min ba c max null
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Fine-grained synchronization: remove

remove(x) continues until:

I either it locks a node with key hash(x);
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Fine-grained synchronization: two locks are needed

If threads would hold only one lock at a time (instead of two),
this algorithm would be incorrect.

Example: Let two threads concurrently apply
remove(x) with hash(x)=b, and remove(y) with hash(y)=c.

min ba c max null

Node c isn’t removed !
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Fine-grained synchronization

Since threads are required to hold two locks at a time,
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Fine-grained synchronization: add

add(x) continues until:

I either it locks a node with key hash(x);

then it concludes that x is in the list, and returns false.

I or it locks a node with a key c > hash(x);

then it redirects the link of the predecessor of c to a new node
with key = hash(x) and next = c, and returns true.

Example: We apply add(x) with hash(x)=b to the list below.

min ca d max null
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Fine-grained synchronization: correctness

To remove a node, this node and its predecessor must be locked.

So while a node is being removed, this node, its predecessor
and its successor can’t be removed.

And no nodes can be added between its predecessor and its successor.

Likewise, to add a node, this node’s predecessor and successor
must be locked.

So while a node is being added, its predecessor and successor
can’t be removed, and no other nodes can be added between them.
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Fine-grained synchronization: linearization

The linearization points of add and remove:

I successful add: When the predecessor is redirected to
the added node.

I successful remove: When the predecessor is redirected to
the successor of the removed node.

I unsuccessful add and remove: When it is detected that
the call is unsuccessful.
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Fine-grained synchronization: progress property

The fine-grained synchronization algorithm is deadlock-free:
always the thread holding the “furthest” lock can progress.

Moreover, the algorithm can be made starvation-free,
by using for instance the bakery algorithm to ensure
that any thread can eventually get the lock of head.

(Since calls can’t overtake each other, for performance,
calls on large keys should be scheduled first.)
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Fine-grained synchronization: evaluation

Fine-grained synchronization allows threads to traverse the list
in parallel.

However, it requires a chain of acquiring and releasing locks,
which can be expensive.

And the result is a rather sequential implementation.
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Optimistic synchronization

In optimistic synchronization, add and remove proceed as follows:

I Search without locks for a pair of nodes on which the method call
can be performed, or turns out to be unsuccessful.

I Lock these nodes (always predecessor before successor).

I Check whether the locked nodes are “correct”:

if the first locked node

I is reachable from head, and
I points to the second locked node.

I If this validation fails, then release the locks and start over.

I Else, proceed as in fine-grained synchronization.
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Optimistic synchronization: validation is needed

Example: Let two threads concurrently apply
remove(x) with hash(x)=a, and remove(y) with hash(y)=b.

max nullmin ba

Validation shows that node a isn’t reachable from head.
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Example: Let two threads concurrently apply
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Optimistic synchronization: linearization

The linearization points of add and remove:

I successful add: When the predecessor is redirected to
the added node.

I successful remove: When the predecessor is redirected to
the successor of the removed node.

I unsuccessful add and remove: When validation is completed
successfully (but the call itself is unsuccessful).
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Optimistic synchronization: progress property

The optimistic synchronization algorithm is deadlock-free,
because an unsuccessful validation means that another thread
successfully completed an add or remove.

It is not starvation-free, because validation by a thread
may be unsuccessful an infinite number of times.
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Optimistic synchronization: evaluation

Optimistic synchronization in general requires less locking
than fine-grained synchronization.

However, each method call traverses the list at least twice.

Question: How could validation be simplified ?
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Lazy synchronization

A bit is added to each node.

If a reachable node has bit 1, it has been logically removed
(and will be physically removed).
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Lazy synchronization: remove

In lazy synchronization, remove(x) proceeds as follows:

I Search (without locks) for a node c with a key � hash(x).

I Lock its predecessor p and c itself.

I Check whether p (1) isn’t marked, and (2) points to c.

I If this validation fails, then release the locks and start over.

I Else, if the key of c is greater than hash(x), return false.

If the key of c equals hash(x):

I mark c,
I redirect p to the successor of c, and
I return true.

Release the locks.
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Lazy synchronization: add

add(x) proceeds similarly:

I Search for a node c with a key � hash(x).

I Lock its predecessor p and c itself.

I Check whether p (1) isn’t marked, and (2) points to c.

I If this validation fails, then release the locks and start over.

I Else, if the key of c equals hash(x), return false.

If the key of c is greater than hash(x):

I create a node n with key hash(x), value x, bit 0, and link to c,
I redirect p to n, and
I return true.

Release the locks.
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Lazy synchronization: validation is needed

Example: Let two threads concurrently apply
remove(x) with hash(x)=a, and remove(y) with hash(y)=b.

min max null0 a 0 0b 0

Validation shows that node a is marked for removal.
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Lazy synchronization: contains

contains(x) doesn’t require locks:

I Search for a node with the key hash(x).

I If no such node is found, return false.

I If such a node is found, check whether it is marked.

I If so, return false, else return true.
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Lazy synchronization: linearization

The abstraction map maps each linked list to the set of items
that reside in an unmarked node reachable from head.

The linearization points:

I successful add: When the predecessor is redirected to
the added node.

I successful remove: When the mark is set.

I successful contains: When the (unmarked) node is found.

I unsuccessful add and remove: When validation is completed
successfully.

I unsuccessful contains: ???
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Lazy synchronization: linearizing unsuccessful contains

Example: Four methods are applied concurrently:

I remove(x) with hash(x)=a and contains(y) with hash(y)=b

are being executed

I remove(y) and add(y) are about to be invoked

0 0 0min a b nullmax1
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Lazy synchronization: linearizing unsuccessful contains

Example: Four methods are applied concurrently:

I remove(x) with hash(x)=a and contains(y) with hash(y)=b

are being executed

I remove(y) and add(y) are about to be invoked

0 1 0min a b nullmax1

contains(y) can be linearized !
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Lazy synchronization: linearizing unsuccessful contains

Example: Four methods are applied concurrently:

I remove(x) with hash(x)=a and contains(y) with hash(y)=b
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0 0min a nullmax1
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Lazy synchronization: linearizing unsuccessful contains

Example: Four methods are applied concurrently:

I remove(x) with hash(x)=a and contains(y) with hash(y)=b

are being executed

I remove(y) and add(y) are about to be invoked

0 0min a nullmax1

0b

1b

now it’s too late to linearize contains(y) !

363 / 530



Lazy synchronization: linearizing unsuccessful contains

Example: Four methods are applied concurrently:
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Lazy synchronization: linearizing unsuccessful contains

An unsuccessful contains(x) can in each execution be linearized
at a moment when x isn’t in the set.

I If x isn’t present in the set at the moment contains(x)
is invoked, then we linearize contains(x) when it is invoked.

I Else, a remove(x) has its linearization point between
the moments when contains(x) is invoked and returns.

We linearize contains(x) right after the linearization point
of such a remove(x).
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Lazy synchronization: progress property

The lazy synchronization algorithm isn’t starvation-free,
since validation of add and remove by a thread may be unsuccessful
an infinite number of times.

However, contains is wait-free.

Drawbacks:

I contended add and remove calls retraverse the list

I add and remove are still blocking
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Lock-free synchronization: simple idea is flawed

We will now look at a lock-free implementation of sets,
using compareAndSet to redirect links.

This simple idea is flawed...

Example 1: add(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

min a c max null

Node b isn’t added !
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Lock-free synchronization: simple idea is flawed

Example 2: remove(x) with hash(x)=b and remove(y) with
hash(y)=a are being executed.

min a b max null

Node b isn’t removed !

Question: How can this problem be resolved ?
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Lock-free synchronization

Solution: Again nodes are supplied with a bit to mark removed nodes.

compareAndSet treats the link and mark of a node as one unit
(using the AtomicMarkableReference class).

Example: add(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 0 0 0min a c nullmax

add(x) must start over !
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Lock-free synchronization

Solution: Again nodes are supplied with a bit to mark removed nodes.

compareAndSet treats the link and mark of a node as one unit
(using the AtomicMarkableReference class).

Example: add(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 1 0min a nullmax

0b

0c

add(x) must start over !

378 / 530



Lock-free synchronization

Solution: Again nodes are supplied with a bit to mark removed nodes.

compareAndSet treats the link and mark of a node as one unit
(using the AtomicMarkableReference class).

Example: add(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 1 0min a nullmax

0b

0c

FAILS

compareAndSet(c,b,0,0)

add(x) must start over !
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AtomicMarkableReference class

AtomicMarkableReferencehTi maintains:

I an object reference of type T, and

I a Boolean mark bit.

An internal object is created, representing a boxed (reference, bit) pair.

These two fields can be updated in one atomic step.
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AtomicMarkableReference class: methods

boolean compareAndSet(T expectedRef, T newRef,

boolean expectedMark, boolean newMark)

Atomically sets reference and mark to newRef and newMark,
if reference and mark equal expectedRef and expectedMark.

boolean attemptMark(T expectedRef, boolean newMark)

Atomically sets mark to newMark, if reference equals expectedRef.

void set(T newRef, boolean newMark)

Atomically sets reference and mark to newRef and newMark.

T get(boolean[] currentMark) Atomically returns the value of
reference and writes the value of mark at place 0 of the argument array.

T getReference() Returns the value of reference.

boolean isMarked() Returns the value of mark.
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Lock-free synchronization

Example: remove(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 0 0 0min a b nullmax

remove(x) returns true, and leaves the physical removal of node b
to another thread !!

(To make the algorithm lock-free, threads must anyhow help to clean up
logically removed nodes.)
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Lock-free synchronization

Example: remove(x) with hash(x)=b and remove(y) with hash(y)=a
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remove(x) returns true, and leaves the physical removal of node b
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Lock-free synchronization

Example: remove(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 1 0 0min a b nullmax

compareAndSet(a,b,0,0)

remove(x) returns true, and leaves the physical removal of node b
to another thread !!

(To make the algorithm lock-free, threads must anyhow help to clean up
logically removed nodes.)
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Lock-free synchronization

Example: remove(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 1 1 0min a b nullmax

compareAndSet(max,max,0,1)

remove(x) returns true, and leaves the physical removal of node b
to another thread !!

(To make the algorithm lock-free, threads must anyhow help to clean up
logically removed nodes.)
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Lock-free synchronization

Example: remove(x) with hash(x)=b and remove(y) with hash(y)=a

are being executed.

0 1 0min a nullmax1b

FAILS

compareAndSet(b,max,0,0)

remove(x) returns true, and leaves the physical removal of node b
to another thread !!

(To make the algorithm lock-free, threads must anyhow help to clean up
logically removed nodes.)
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Lock-free synchronization: physical removal

When an add or remove call that traverses the list encounters
a marked node curr, it attempts to physically remove this node
by applying to its predecessor pred:

compareAndSet(curr,succ,0,0)

to redirect pred to the successor succ of curr.

If such an attempt succeeds, then the traversal continues.

If such an attempt fails, then the method call must start over,
because it may be traversing an unreachable part of the list.
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Lock-free synchronization: remove

remove(x) proceeds as follows:

I Search for a node c with a key � hash(x) (reference and mark
of a node are read in one atomic step using get()).

I During this search, try to physically remove marked nodes,
using compareAndSet.

If at some point such a physical removal fails, start over.

I If the key of c is greater than hash(x), return false.

If the key of c equals hash(x):

I apply getReference() to obtain the successor s of c, and
I apply compareAndSet(s,s,0,1) to try and mark c.
I If this fails, start over.

Else, apply compareAndSet(c,s,0,0) to try and redirect
the predecessor p of c to s, and return true.
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Lock-free synchronization: add

add(x) proceeds as follows:

I Search for a node c with a key � hash(x).

I During this search, try to physically remove marked nodes,
using compareAndSet.

If at some point such a physical removal fails, start over.

I If the key of c equals hash(x), return false.

If the key of c is greater than hash(x):

I create a node n with key hash(x), value x, bit 0, and link to c, and
I apply compareAndSet(c,n,0,0) to try and redirect

the predecessor p of c to n.
I If this fails, start over.

Else, return true.
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Lock-free synchronization: contains

contains(x) traverses the list without cleaning up marked nodes.

I Search for a node with the key hash(x).

I If no such node is found, return false.

I If such a node is found, check whether it is marked.

I If so, return false, else return true.
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Lock-free synchronization: linearization

The linearization points:

I successful add: When the predecessor is redirected to
the added node.

I successful remove: When the mark is set.

I successful contains: When the (unmarked) node is found.

I unsuccessful add(x) and remove(x): When the key is found
that is equal to, respectively greater than, hash(x).

I unsuccessful contains(x): At a moment when x isn’t in the set.
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Lock-free synchronization: progress property

The lock-free algorithm is lock-free.

It is not wait-free, because list traversal of add and remove

by a thread may be unsuccessful an infinite number of times.

contains is wait-free.

The lock-free algorithm for sets is in the Java Concurrency Package.
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